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926. 


CORRECTED SEMINVARIANT TABLES FOR THE WEIGHTS 
11 AND 12. 


[From the American Journal of Mathematics, vol. XIV. (1892), pp. 195—200.] 


THE tables in my paper, “Seminvariant Tables,” American Journal of Mathematics, 
vol, vil. (1885), pp. 59—73, [831], are not in the best form, but the deviations present 
themselves only in a few columns of the tables for the weights 11 and 12, viz. in 
the former of these two columns, and in the latter a single column, ought to be 
replaced by linear combinations of other columns; there are, besides, columns which 
should be new named; in regard hereto, there is a point of theory which requires 
to be made clear. I remark that in each table the literal terms are in alphabetical 
order (AQ); this is the proper order for the final terms, and although (as about to 
be explained) the proper order for the initial terms is the counter order (CO), yet 
as the tables cannot be at the same time arranged in the one and the other order, 
I adhere to the AO as the proper arrangement for the terms of the tables; we 
have, however, to introduce the notion that, in general, it is not the top term of 
a column which is to be regarded as the initial term, and in connexion herewith 
to consider how the columns are to be named. An instance first presents itself 
for the weight 11: we have, see column 5 of the table for that weight here given, 
a seminvariant 


Ja + 1 
by 
bez 
bdh 
beg — 5 
bf? — 6 
Alės) 
be? + 70; 
C. XIII. 28 
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this is to be regarded, not as a seminvariant fg—b'e (it is hardly necessary to 
remark that, here and elsewhere the — is not a minus sign, but a mere stroke), 
but as a seminvariant ch-— be, viz. ch is a term entering into the seminvariant, 
and which, although it is in AO subsequent, it is in CO precedent, to the terms 
fg, beg and bf? The seminvariant contains the term — 160 and other terms with 
the letter h, and it is a misnomer to call it fg— be, a name implying that the 
highest letter thereof is g. Instead of the stroke, it would perhaps be better to 
write ©, for instance c'h œ b'e, where of course o would be used as a mere con- 
ventional symbol. 


For greater clearness, I give here the express definition of counter order, (CO), 
viz. whereas in AO we begin with the lowest letters, in CO we begin contrariwise 
with the highest letters. A term containing a higher letter or higher power of such 
letter precedes a term containing a lower letter or lower power of the same letter— 
or in the easiest form, the counter order is the alphabetical order corresponding to 
the reversed arrangement z, Y, ..., f, e, d, c, b of the letters. 


A symbol, as ¢h— be above, may be regarded as referring to a set of terms 
ch, be and all the terms which are in CO subsequent to ch and in AO precedent 
to be: as by supposition the terms are arranged in 40, the set includes no term 
lower than b'e, or say the bottom term b'e? is also the final term of the set, but 
it does include terms fg, beg and bf" higher than c'h, and thus the top term fg is 
not, but ch is, the initial term of the set. It should be remarked that a seminvariant 
ch — We? need not include all the terms of the set as just defined: there may very 
well be terms with a coefficient zero, or say accidental zeros; an instance presents 
itself, weight 10, where in the column eg — bd? we have Oce", no term in ce. 

The changes actually required are very slight, viz. 

Weight 11, instead of 

Ją — be, we require ch — b'e, old fg — b'e, new named, 

eh — bed, ij fg — bd, linear combination (fg — be) + 8 (ch — b'd?), 

de — b'd?, s cf — b'd?, old de? — b'd?, new named, 

ef — bot, ‘i de? — b*c*, linear combination (de? — b*d?) + 6 (Ef — bes). 
Weight 12, instead of 

cf? — bed’, we require dg — bed’, old cf? — bed’, new named, 

dig — cd’, ži of? — ëd, linear combination (cf? — bed?) — 5 (dg — cid?) ; 
but I have thought it desirable to give the complete tables for the weights in 
question, 11 and 12; and I have also rearranged the entire columns of the two 


tables so as to present in each of them the finals in AO. This is the case with 
the existing tables, except that there is a single transposition in the table weight 10. 
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Instead of the columns cdf—b*d?, ce?—c', we ought to have ce? — ©, edf— bide, The 
complete list up to the weight 12 is 


w = wiz Wi = 


PV 


j — be med 
ch — d? ej — de ck — cf? 
dg — bed? di — bce a -ëe 
ef — bd? eh — cd? dj — bf? 
ef — be? ch — bře? Sh — bde 
cde — bšeš tg — bd? gf -če 
d? — bře? cej — bed? ceg — d’ 
ed — b? cdg — bed? ei — bee 
FPI “tase df — bë dg — bed? 
k -P ef — bd? es E ida 
a — ce de? — bic! cdh — be 
dh — be? ode Pe def — Bd? 
eg — bd? pulei: DA 23 ee 
F — ed? dd -pi ER ae 
“9 - E 2 cg — bed? 
| ce? — e die = VE 
afb om 
| de — be de — bt 
| Ce — bic? e A 
sli ce eave FEL. m| 
ag a pa e | | je Lom 
df — bid? 
e — ct 
ce — be 
cd? — bic? 
ci — dě 


The two new tables are as follows: some accidental numerical errors have been 
corrected. 


28—2 
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TABLE, WEIGHT 11. 


l cj di eh ch Jg cef | cdg | def | Ef | de? | cede | cd? | ctd 


l + 1 | 
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TABLE, WEIGHT 11 (continued). 


-OW DO O WU R 


bd? | bed? | bed? | bež bid? | b?e* | bře? 


+638 +188 +70 +132 +664 +1640 +57 4170 +43 +278 +192 +35 +98 +48 
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TABLE WEIGHT 12. 
ija ib A.B BANNER G S dne A E- 
m ek ei dj fh g2 | ceg| ci | dg | cf? | cdh | def e | ce? | ešg | edže | eždf | de | ete | cid? 
PROI m | po | || m | | v | m om | o | see 
m + 1 
E n 
ck [+ 66|+ 3 
(di -220| -15| [+15 
ei [+495|+40| + 1] - 40 
fh | -792|-70| — 4| + 707 25 
g? +462| +42| + 3| — 40| - 24|+ 1 
b?k = 8 
bej +15 — 45 
bdi -25| — 4| + 25 
beh +30| +12| = 30| -125 
bfg „141 dal V BE 
cžį -15| + 3| +150 BY 
cdh +40| - 8| -400| + 50 -4 + 4 
ceg -70| -22| +700| +680| - 70/41] +8 aye 
of? +42| +24] -420| - 675] +100] -1| -5/4 2/4 2|+ 5 
dg +24 -570| + 80| -1 ai 
def - 36 +925 | —200| +2 pane - 4 TS 
e +15 -400| +100} -1 +12|+ 2 = 17|+ 1 
RR | TH + 30 
bei — 135 A 
bah +360 | +200 +4 = L 
beg -630| -525| +100 | -1| -8 + 8 
bf? | | +878] +386] - 64) 41] +5) - 2 - 2|- 5 
be?h -150 +4 - 12 
bedg +350| -200| +2} -4| -30 + 4 
beef -105|+ 20| -2| +2} +37) - 8|- 2|- 54 
bdž f -280| +320 | — 2 +46| +16 sodi 
bde? +175| -200 | +2 —49|— 4 +114} - 12 
si TR | E K 4100| -1| —4| +20 + 32 TET So 
cdf +200| +2] +8| -49|- 4|- 64] + 54 -3 + 3 
ce? +195| +11 -5| —32| +28] + 40| +162] - 18| 11 
etn era JM iy W980: -8 +91| -44 —842| + 54|-2|+4| +1 zem h 
d +1 - 32 | +18 4135| - 27) +1|-2] -1|- 2|+ 1 
E re, PO TR OA bi WEIR o be 
dich -4 + 20 
b?dg +4| +20 - 4 
beef -2| -18|+12|+ 2|+ 36 
beg +4| -15 +80 -3 
bicdf -8| -24| -24| +120| +216 +6 - 6 
bce? +5| +45| -80| - 75| -360| + 54| -2| +2 
b?dPe BO ve pa" | o + 66) — 6449) =6| 1 
be? f +27| +12 - 162 +3 - 9 
be?de -45| +60 +486| -180| +4| -8| —6 | -15 
ded? +20| -40 -252 | +108| -4| +7| +8 | +24| -12 
cte B naan o - 81|+ 81| -2| 41] +4 | +30 wee 
od? | +20 + DAIZ 54 4281-89) -51 28814 611,41 
Saag MARU Cpe ae Varai 6 A NINI 5 ee 18 44 15 18/1114 10000 
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TABLE, WEIGHT 12 (continued). 


m ck ei dj fh P leg | ed dg af | cdh | def 29 ere") otg | cdže | odd | dto] ete 
| | m: | 
| | +28 | +3 
| -56 | -144| - 8 +3 
| | +35 | 4185) - 27| +1 | 
Mi a A SEE AA +108 = 8 | +24 
—180| +108| -4| + 9| +10] +30 
| + 80) — 64 + 1|- 4|-16|+ 8 
CAVA ogi EEN Wae lo Elkada | ia A q = Bhi rar 2 = 91-76 te 
| | + 86} +4) -12|- 9| + 6|+30|+ 3 
gė a VO UR DS VERO T RL ss a gr za] 8| +14| +48| -48|+ 2 
| +1) - 2 + 2} +16|- 1 
(A SM EIR OSA ech ap a ag A NA me Ceres ie ee 
| +8 -21 
|- VAŘ 
- 38| + 3, +60 + 6 
| + 2|+ 8 -48|- 3 
TET O ZRP RO AO E AD E L aa 
DENI + 83| 412| -24| 4 3 
AARE m d OE PES pr TS RSS gr O GT ga AB 
-15 4 
EA TAT +10| +16| -23 
PR SAME RD GSTs) a O GR Na) ROA ie o MU SoU taj ee dd 
V PRI nV Dans A den | + 9- 8 
ZJEVÍ Pap ES SNE SORRY JOEY NB) EA O SR: UE IO ai zá PR 
+ 2 
li I e tt buda da A Lol k IA NA oer ua 


ql e er bde? | ce? | dt |b?ce2| bed? | cid? | bte? 


| 
—————— — | es | |. 


bras | vie? | c6 | bled? | b25 | BEd? | d4e4 | dies 


41024 £212 +82 £1740 42854 +946 +12 +46 +325 +190 +298 +1664 +442 +18 252 451 +258 +156 +48 
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